Journal de Théorie des Nombres de Bordeaux 12 (2000), 25–36

Réalisation de formes Z-bilinéaires symétriques comme formes trace hermitiennes amplifiées

par Grégory BERHUY

Abstract. In this paper, we show by an explicit method that every non degenerate symmetric Z-bilinear form of even rank, which is not Q-isomorphic to the hyperbolic plane, can be realized as a hermitian scaled trace form of some algebra Z[α], where α is an algebraic integer. More precisely, we show that for every symmetric matrix S ∈ M_{2n}(Z), with detS ≠ 0 (and detS ≢ −1 (mod Q^{∗2} ) if n = 1), there exist an algebraic integer α, a Qlinear involution σ of Q(α), a σ-symmetric element λ ∈ Q(α) and a Z-basis v_1, · · · , v_{2n} of some ideal of Z[α] such that S = (Tr_{Q(α)/Q}(λv_iv^σ_j )).

Grégory Berhuy Equipe de Mathématiques de Besançon UMR 6623 du C.N.R.S. 16, route de Gray F-25030 Besançon Cedex FRANCE E-mail : berhuy@math.univ-fcomte.fr

Manuscrit reçu le 26 octobre 1998.